Combined effects of prevention and quarantine on a breakout in SIR model by Kato, Fuminori et al.
Combined effects of prevention and
quarantine on a breakout in SIR model
Fuminori Kato
1, Kei-ichi Tainaka
1, Shogo Sone
1,2, Satoru Morita
1, Hiroyuki Iida
2 & Jin Yoshimura
1,3,4
1Department of Systems Engineering, Shizuoka University, Hamamatsu Shizuoka 432-8561, Japan,
2Research Center for
Computers and Games, JAIST, 1-1 Asahidai, Nomi, Ishikawa 923-1292 Japan,
3Marine Biosystems Research Center, Chiba
University, Uchiura, Kamogawa, Chiba 299-5502, Japan,
4Department of Environmental and Forest Biology, State University of
New York College of Environmental Science and Forestry, Syracuse, NY 13210.
Recent breakouts of several epidemics, such as flu pandemics, are serious threats to human health. The
measuresofprotectionagainsttheseepidemicsareurgentissuesinepidemiologicalstudies.Preventionand
quarantine are two major approaches against disease spreads. We here investigate the combined effects of
these two measures of protection using the SIR model. We use site percolation for prevention and bond
percolationforquarantineapplyingonalatticemodel.Wefindastrongsynergisticeffectofpreventionand
quarantine under local interactions. A slight increase in protection measures is extremely effective in the
initialdiseasespreads.Combinationofthetwomeasuresismoreeffectivethanasingleprotectionmeasure.
Our results suggest that the protection policy against epidemics should account for both prevention and
quarantine measures simultaneously.
R
ecently human society has been threatened by repeated pandemics and heavy epidemics of several new
infectious diseases, e.g., AIDS, SARS, swine flu. The measure of protection against these new diseases is an
urgent global issue in clinical and epidemiological studies
1–5. We consider prevention and quarantine, the
twomajorprotectionapproaches.Preventionischaracterizedasthepreparedprotectionbeforeadiseasespreads,
such as masks, hand-washing, and gargling. Vaccination is the most effective method of prevention for a
prospective infected person. Here prevention is defined as the complete protection of a person against infection.
On the other hand, quarantine is the strict isolation imposed on a person to prevent the spread of disease. By
isolating a contagious infected person, quarantine reduces further transmission to susceptible people.
We evaluate the effects of either prevention, or quarantine, or the both. We study the infection dynamics of an
SIR model
6. In epidemiology SIR is the simplest model for many contagious (mostly respiratory) diseases with
recovery process. The spatial versions of SIR models are studied extensively in biomathematics
7–10 and in
physics
11–15.
We introduce site percolation for prevention and bond percolation for quarantine on a lattice space
16 (Fig. 1).
Insite percolation (Fig.1a),every site onasquarelatticeisindependently either‘‘prevented,’’ with probability pS,
ornotwithprobability 12pS.Theprevented site(person) iscompletely protectedfromdisease,asinvaccination.
On the other hand, quarantine is introduced as bond percolation (Fig. 1b), where the ‘‘barrier’’ is placed (or not
placed) with probability pB (or 12pB) between adjacent sites. The barrier protects the infection (interaction)
between neighbors (adjacent sites). Unlike previous studies which introduce either site or bond percolation
16,w e
introduce both site and bond percolations on a single lattice space (Fig. 1c). We evaluate the effects of both
protection measures on the spread and outbreak of diseases. These lattice models are spatial models and often
called local interaction
13. We also calculate the global versions of the lattice models, where all the reactions are
performedbetweentworandomlychosensites
15.Theyareoftencalledglobalinteractionorlatticegasmodelsand
their mathematical solution can be obtained (called mean-field theory). We also calculate the mean-field theory
(exact solutions for global interaction) for all the corresponding cases of local interactions.
Results
In the SIR model, the infection phenomena are best understood by the number of the recovered (R) at the final
equilibrium, since all the infected (I) are eventually recovered. We find a strong synergistic effect of prevention
and quarantine under local interaction. Both measures of protection (prevention pS and/or quarantine pB)
are highly effective (Figs. 2). The total number of the recovered decreases rapidly with an increase in the
protection levels (convex down in Figs. 2a and 2b). This means that a slight increase in the level of protection
(byeitherpreventionand/orquarantine)willgreatlyreducethepossibilityofinitialdiseasespreading.Whenboth
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always effectively reduced compared with sole protection alone
(Figs. 2e). The effects of prevention (site) are always slightlystronger
thanthoseof quarantine (bond),whenthedensity ofsitesandbonds
are compared (Fig. S1 in SI).
Under global interaction, the combined measures of both protec-
tions are more effective than that of a sole protection (Figs. 2c, 2d,
and2f).However,theoveralleffectsaremuchweakercomparedwith
thoseof local interactions (Figs 2a vs. 2c, 2b vs. 2d and 2e vs. 2f). The
recovereddecreasesalmostlinearlyforprevention(Fig.2c)andquite
slowly (concave down) for quarantine (Fig. 2d). The combined
effects under global interaction are always stronger than the sole
effects.However, itis muchweaker compared with thoseunder local
interactions (Figs. 2f vs. 2e). Under global interaction, the effects of
prevention (site) are always much stronger than those of quarantine
(bond), when the density of sites and bonds are compared (Figs. 2f,
see also Fig. S1 in SI).
We also evaluate the effects of prevention when prevention sites
are introduced at a given rate (Fig. 3). When the delayed time (t)t o
reachatpS50.5ischangedfromt50(nodelay:thecaseofFig.2a)to
t 51000 (Fig. 3a), the final density of recovered (total infected) is
decreased to a nearly half (Fig. 3b).
If the level of protection is increased slightly, the total infected
persons (recovered, R) decrease radically. We compare the protec-
tion level where the density of infected is reduced 50% (a half reduc-
tion)between thecurrentSIR andSISmodels(Fig.2g).Note thatthe
density of the infected is measured as the final density in the SIR
model, while the steady state density in the SIS model. The level of
both bond and site percolations are considerably small compared
with the global interaction (mean-field theory), with the local inter-
action of the SIS model. Thus the combined effect is much stronger
under local interaction than global interaction (Fig. 2g). Since many
commoninfectiousdiseasesspreadwithpersonalcontacts,theinfec-
tion mode should be more like the local interactions. Therefore, the
combined approach of both prevention and quarantine is extremely
efficient for the measures of disease protection policy.
Discussion
The current result is unique to the SIR model, where the infected
persons are expected to recover with immediate immunity. In con-
trast, if a recovered person can be infected repeatedly as in the SIS or
SIRS models
3, the increase in the initial level of protection does not
have a strong effect (Fig. 2g, see also Figs. S2 in SI)
17. Therefore, we
cannot expect a significant success by combining the two measures.
The introduced rate of protection (either prevention or quarantine)
is also an important factor affecting the total infected in the SIR
model(theresultofpreventionisshowninFig.3).Thusthemeasure
of protection is quite significant in the SIR model, but not in the SIS
and SIRS models. In these models, however, the added protection
improvestheeffectsslightlyasinthoseunderglobalinteractions(see
Fig. S2 in SI).
Our results suggest that when the protection measures against
infectious diseases are combined simultaneously, the disease control
becomes highly effective easily. For example, when quarantine is not
perfect as in the case of SIRS, the ordinary prevention of infection
spread could be still extremely effective, such as gargling, hand-wash-
ing, and wearing a mask. In the recent spread of the swine flu
18,
these ordinary measures might have put down the infection level
Figure 1 | The snapshots and dynamics of SIR model with site and/or bond percolations. The snapshots are (a) site only. (b) bond only. (c) bond
and site. Sites are the prevented (white) the susceptible (blue) and the infected (red). The bonds are shown as a thick grey bar. The temporal dynamics
of the infected (d) and the recovered (e) are shown for local (blue) and global (red) interactions. Parameter conditions are: b 5 1.0, c 5 0.20, and
the initial density of I 5 0.01.
www.nature.com/scientificreports
SCIENTIFIC REPORTS | 1 : 10 | DOI: 10.1038/srep00010 2Figure 2 | Thefinal density ofthe recovered sites(R) forthe combined modelof both prevention (site percolation) andquarantine (bond percolation)
witha constantinfection rate(b/c55.0). (a)local interaction (simulation) and(b)globalinteraction (mean-field theory analyses)against the density of
prevention PS, where PB 5 0 (blue), 0.2 (red), 0.4 (green), 0.6 (purple) and 0.8 (yellow). (c) local interaction (simulation) and (d) global interaction
(mean-fieldtheoryanalyses)againstthedensityofquarantinePB,wherePS50(blue),0.2(red),0.4(green),0.6(purple)and0.8(yellow).Phasediagrams
alongwiththedensitiesofbothprevention(PS)andquarantine(PB)for(e)localinteractionbysimulationand(f)globalinteractionbymean-fieldtheory
(densitiesoftherecovered(R)areshownincolors:blue50–0.2;red50.2–0.4;green50.4–0.6;purple50.6–0.8;pailblue50.8–1.0).(g)comparisons
withthesteadystatedensityofSISmodelsforahalf(50%)reductionininfectionlevelforbothglobalandlocalinteractions(Blacksolidline:SISforlocal;
blackdashedline:SISforglobal;redsolidline:SIRforlocal;andreddashedline:SIRforglobal).ThecombinedeffectisthelargestforthelocalSIRmodel;
a half (50%) reduction is achieved merely by PS 5 PB 5 0.1 or less.
www.nature.com/scientificreports
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19,20. In fact, these measures are effectively introduced in
daily life widely all over Japan
19.F u r t h e r m o r e ,w eh a v ea na d v a n t a g e
in the economic aspect of disease control. A combined method of
control might not only work better, but may also be more cost effec-
tive. For example, the costs for vaccination per person increase
rapidly with the number of the vaccinated persons. But by investing
equally in prevention and quarantine may be more cost effective than
vaccinating twice (prevention alone). Certainly, there are many com-
plicated issues regarding the introduction of protection measures.
Many factors need to be taken into consideration, e.g., costs, uptake
levels by the populace, time-scale of introduction, feasibility. How-
ever, the current result is still valid: introducing and combining any
measures of protection is worth trying if available without difficulty.
Againstepidemics,itisveryimportanttointroduceanyadditional
measureofprotectionaslongasweexpectevenaveryslighteffect.In
the SIR type diseases, an added measure may be a key to the success-
ful protection approaches.
Methods
Basic structures and mathematical models. We consider the SIR model on a square
lattice:
SzI?2I rate b ðÞ ð 1aÞ
I?R, rate c ðÞ ð 1bÞ
where the susceptible (S) becomes the infected (I) with the infection rate b in the
infection process (1a), while the infected (I) becomes the recovered (R) with the
recovery rate c in the recovery process (1b).
With prevention, the prevented person (white site in Fig. 1a and 1b) becomes
completely inactive. For quarantine under local interaction, the infection (equation
1a) is inhibited between persons (grey bond between site in Fig. 1b and 1c). For
quarantineunderglobalinteraction,theaverageinfectionrate(b)isreducedbetween
two randomly chosen persons depending on the total number of barriers (inactive
bonds).
Themean-fieldtheory(MFT)istheanalyticalversionofglobalinteraction
12,which
is the first and crude approximation for local interaction. Time evolution can be
expressed as:
_ x~b 1{PB ðÞ 1{x{y{PS ðÞ x{cx ð2Þ
wherexandyarethedensityofIandR,respectivelyandthedotdenotesthederivative
with respect to time t. The term (12x2y2PS) means the density of S. The first and
second terms in the right-hand side of Equation (2) come from the reaction (1a) and
(1b),respectively.Equation(2)isequivalenttothelogisticequationthatcanbesolved
easily.Sincetheresultsofglobalsimulationsagreewellwiththemean-fieldtheory,we
use the latter results for discussion.
Simulation procedures. The simulation procedure for local interaction is listed
below:
1) Initially, we randomly distribute the prevention site PS ona square-lattice with a
given density PS. Next, we randomly put the ‘‘barrier’’ PB on a bond (link
between adjacent sites). The locations of PS and PB are unchanged throughout
a simulation. We then distribute S and I randomly on the remaining sites.
2) Reaction processes are performed in the following two steps.
(i) theinfectionprocess(1a).First,wechooseonesquare-latticepointrandomly,
and then specify one of four adjacent points. When the pair is (I, S) without
the barrier PB, then the site S will become I with the probability b.
(ii) the recovery process (1b). We choose one lattice point randomly. If the
point is occupied by I, then it becomes R with the probability c.
3) Repeatstep2)byL
2times,whereL
2isthetotalnumberofcells.Thisstepiscalled
the Monte Carlo step which is used for time unit
16.
4) Repeat the step 3) until the system reaches a stationary state.
The procedure for global interaction is almost the same, except the following two
pointsintheprocedure2)(i).Oneisthechoiceoftwopointsthatarerandomlychosen
fromtheentirelatticespace. Theotheristheinfection rate(12pB)b.Theexamples of
temporal dynamics are shown for local interaction in Fig. 1d and for global inter-
action in Fig. 1e. The initial density of I is set at 0.01 in all simulation runs.
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